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$K$ $\mathrm{Q}$ galois $O_{K}$
$GL(n, O_{K})$ $G$ $K$ $\mathrm{Q}$ galois $G(K/\mathrm{Q})$











$GL(n, O_{K})$ $G$ $G(K/\mathrm{Q})$
$\mathrm{A}$-tyPe ?
998 1997 161-169 161
$G$ $($ Y. Kitaoka and H. Suzuki $[2])_{\text{ }}$ $n=2$
(Y. Kitaoka [3]) $n=3$
1 $K$ 2 $\mathrm{Q}$ $\mathrm{Q}$ galois
$F$ $GL(n, F)\cap G\subset GL(n, \mathit{0}_{K}\cap \mathrm{Q}ab)$




$P$ (p\infty - )
$K$ 1 $P$
$K/\mathrm{Q}$ $p\infty$- ( $p$ )
2 $K$ abel ( $\mathrm{Q}$ abel) $\mathrm{A}$-type (Y. Kitaoka
[1] $1_{0}$ ) $G\subset GL(n, OK\cap \mathrm{Q}^{ab})$ ?




$G(\mathfrak{p})$ $=$ $\{g\in G ; g\equiv 1(\mathfrak{p})\}$
$G(p)$ $=$ $\langle G(\mathfrak{p}) ; \mathfrak{p}|p\rangle$
$G(p)(\mathfrak{p})--G(\mathfrak{p})$ $\text{ ^{}-G()(p}p$ ) $=G(P)$ $\mathfrak{p}$ $\mathrm{Q}$
$G(\mathfrak{p})=G(p)$ $\mathfrak{p}|P$
$G(\mathfrak{p})=G(p)$ $\mathfrak{p}|p$ $G(\mathfrak{p})=G(p)$ $G(\mathfrak{p})$
$p$- $G(\mathfrak{p})$ $G$ $G(p)$
p-
3 $K$ abel $T^{-1}G(P)\tau$ diagonal $T\in GL(n, \mathrm{Z})$
(Y. Kitaoka and H. Suzuki [2], $1_{\text{ }}$ )
$G$ A-type $G(\mathfrak{p})=^{c}(p)$ $P$- $GL(n, o_{K\cap}ab)\mathrm{Q}$
4 $G(\mathfrak{p})=G(p)\subset GL(n, OK\cap \mathrm{Q}^{ab})$ $G$ A-type
(Y. Kitaoka [3] $1.8_{\circ}$ )
$K/\mathrm{Q}$ $p\infty$- $G(p)\subset GL(n, o_{K^{a}}b)$ $G(\mathfrak{p})=G(P)$







1) $G$ abel $p \int n$ $G\subset SL(n, O_{K})$
2) $2\neq p|n_{\text{ }}K\ni\zeta_{p\text{ }}G\subset SL(n, \mathit{0}_{K})\text{ }G^{p}=1$ $G^{c}=\langle\zeta_{p}\rangle$





iv) $G$ $\zeta_{p}\in K$ $G^{c}=\langle\zeta_{p}\rangle_{\text{ }}$ . $\backslash -$ .
v) $G$ $P|n$ $g\in G\backslash Z(G)$
$\varphi_{g}(X)$ $X^{p}$
vi) .. $G$ $p\neq 2$ $G^{p}--1$
vii) $p\parallel n$ $SL(n, O_{K})\supset G$ $G$ abel p-
164
viii) $P\neq 2$ $G$ $G^{c}=\langle\zeta_{p}\rangle_{\text{ }}G^{p}=^{-}1$ $G\subset$
$SL(n, O_{K})$
ix) $p=2$ $G$ $c^{2}=c^{C}=\{\pm 1\}$
x) ix) $G\subset SL(n, O_{K})$
$(\mathrm{v}\mathrm{i})-\mathrm{X})$ $K$ 1 $P$ $G$ $G$ 1 $P$
)
$G(K/Q)$ $p=2$ $G(K/\mathrm{Q})$ 2-
$G$ 2 $G(K/Q)$- $G$
$Q_{8}$
$G(K/Q)$ – $n=2$ $G$






$G$ ’ rank 2 abel $P$- rank 3 abel
3 27 exponent 3 3-
$p\geqq 5$ $SL(3, O_{K})\supset G$ rank 2 abel p-
$G$ $Kv,$ $Kv’,$ $Kv’$
;
$G(K/\mathrm{Q})$ $\{Kv, KvK’,v’’\}$
${\rm Im}(G(K/Q)arrow \mathrm{A}\mathrm{u}\mathrm{t}G)arrow \mathfrak{S}_{3}\cross G(\mathrm{Q}(\zeta_{p})/Q)$
$(\mathfrak{S}_{3}$
3 ) $G(K/Q)$
$G(K/Q)arrow\backslash \mathfrak{S}_{3}$ $p\infty$- 2
$Q(\sqrt{(-1)^{(p-1})/2p})$ $K_{2}=Q(\sqrt{(-1)^{(p-1})/2p})$ $\text{ }\mathfrak{S}_{3^{-}}$
$K_{2}$
$G(K/Q)\cong \mathfrak{S}_{3^{\cross_{c(K_{2}}}}/\mathrm{Q})G(Q(\zeta_{p})/Q)$
$K_{6}$ $K$ – S3- $K_{3}$ $K_{6}$ 3
$Kv’$ $Kv”$ $v={}^{t}(v_{1}, v2, v_{3})\in O_{K_{3}}^{3}$
$v’$ $v”$ $v$ $v$ $O_{K_{3}}$ integral basis
$\det P=\pm[O_{K_{3}} : \mathrm{Z}v_{1}+\mathrm{Z}v_{2}+\mathrm{Z}v_{3}]\sqrt{d_{K_{3}/\mathrm{Q}}}$
( $d_{K_{3}/\mathrm{Q}}$ $K_{3}$ $\mathrm{d}\mathrm{i}_{\mathrm{S}\mathrm{C}}\mathrm{r}\mathrm{i}\mathrm{m}\mathrm{i}\mathrm{n}\mathrm{a}\mathrm{n}\mathrm{t}_{\circ}$)

















$G\not\subset SL(3, O_{K})$ $G\cap SL(\mathrm{s}, \mathit{0}_{K})$
. $G$ $G\subset sL(3,\mathit{0}_{K})$ rank 2 abel 3-
$p\geqq 5$
$G$ $g$
$g\in\sqrt[3]{3}^{-1}GL(3, \mathrm{Q})\cap GL(3, O_{K})$
$p=2$ $Q(\sqrt{2})_{\text{ }}\mathrm{Q}.(\sqrt{-1})$ $\mathrm{Q}(\sqrt{-2})$ 1
$G(K/\mathrm{Q})$
$P=3$ $G$ 27 exponent 3 3-
$G(K/Q)\subset$ Aut $G$ $G(K/Q)$
Aut $G$ $G$ 3
$Q(\zeta_{3})_{\text{ }}\mathrm{Q}(\zeta_{9})^{+}\text{ }Q(\zeta_{9})$






$($ $0c0$ $00a$ $00b$ $)$
$G(\mathfrak{p})=G$
$n=3$ A-type
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